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KommenTapun x crarnbe 1. B. bubukosa n
1. B. Tkauenko «O Tpuceknuu 1 OUCEKITUN
TPeyroJbHIKA Ha, IIOCKOCTH JI0HaxeBCKOr oy

O. B. llIsapiman

1. O TPEYTOJBHUKAX C JAHHBIM OCHOBAHUEM AB W 3AJAHHOR
OJOWAIBIO S

Bce pacemorpenus nposenem B equandaoM nucke [lyankape D = {z € C |
|z| < 1} pacmmpenmoi kommiekcroi mrockoctn C = CU{oo}. PaccmoTpum B
equHIIHOM Aucke orpe3ok AB (puc. 1). Ilycts A’ u B’ — unBepcubie 06pasbl
To4YeK A m B nipu uHBEpCHUM iNVg OTHOCUTENLHO €IUHUTHON OKPYXKHOCTH S =

={z€C||z| =1}

JEMMA. ITycmb C — mobas okpysrcrocms, npozodswan uepe3 mouru A’
u B' u nepecexarowan duck I no dyze C' = DN C. Toeda das eécex mouer X
dyeu C naowade 2unepboauueckozo mpeyzoavnuka AX B npunumaem 00no
U MO HCEe ZHAUEHUE.

[HOKA3ATEJILCTBO. Jlio6oe nBuxenue ¢ runepboandeckoro aucka D mpo-
pomxkaercsa no npeobpasosanus t: C — C, koTopoe a) coxpaHseT OKpPYX-
HOCTH S, 6) MEPEBOAUT OKPYXKHOCTU PACIIUPEHHON KOMILIEKCHOU ILIOCKOCTH

C B oxkpyx)HOCTH.
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Puc. 2.

U3 cBoiicTBa a) clIefyeT, B 9aCTHOCTH, 9ITO f o invg = invg o £. [losTomy,
MPUMEHUB TOAXOAAIIEe ABUKEHUE f, MOXHO CIMTATEL, 9TO TOYKA B coBmama-
€T C HEeHTPOM AUCKa, a TOYKa A JMeXmT Ha BemecTBeHHOUW och. [10CKOIBKY
invg(0) = oo, To mo cBomcTBy 6) «ayra» C GyeT XOpJOH AWCKa — mepece-
YeHUEeM MPAMOM, TPOXOAdmen depes Touky A’ ¢ okpyxHOCTBIO S, CM. puc. 2.
Paccmorpum runep6oaumtdeckunn Tpeyroabauk AX (O, B KOTOPOM CTOPOHBI
OX u OA ecTs oTpesku npaMmeix, a cropona AX mpeacrasiaseT cobou ayry
okpyxsOocTE T', nposegernon depes Touknu A, A m X. [Jokaxem, 9T0 cyMMa
yrioB o, B u y B Tpeyrompauke AX O He 3aBUCUT OT MOJOXeHUT TOIKH X Ha
«ayrey C. C sron measio nposegem xopay AX okpyxuoctu T u 0603HauM 6
paBHBIE YTJIBI, KOTOPBIE 5Ta X0pAa o6pasyeT ¢ oKpyx)HOcTbIO T’ (cM. puc. 2).
N3 (eBKIMIOBBIX) TEOpPEM O BIUCAHHOM yTJE W yIUE MEXIY KACATEIbHOU U
Xopaou caenyer, 9To 6§ = 7. Yroa T HE 3aBUCUT OT MOJOXKEHUS TOIKU X .
Takum obpaszom, a + 8 + v + 27 = 7, T.e. runepboauydecKas MWIOMALL TPe-
yroabuuka AXQO paBHa m — o —  — 7y = 27 W HE 3aBUCAT OT TOJONKEHUA
TOYKU X . O

Kaxerca, 970 Takon OpAMOU B3MVIAL HA IPOMCXOLAIICE W DIEMEHTAPHEE,
u npomie. [lo xoay aena Mbl MHBAPUAHTHO 0XaPAKTEPU3OBAIYN JUHUYU YPOBHSI
dyHKIIUA
S(X) = mwromans Tpeyroasauka AX O

KaK clIef Myvka OKpyxHOcTen depes Touku A', B’ B gucke D). ITo OGuiBaeT
MOJIE3HO TIPW PENIEHWM PA3HOTO POJA «THMEPOOIMIECKUX» 3429 HA DKCTPe-
MYMBI.

Temneps yxe Jerko nokaszaThb, 9TO B runepboaudeckom Tpeyroasauke A BC
CyWIECTBYeT eAMHCTBeHHAasd To4uka () Takad, YTO ILIOMIAAUA TPEYTOJILHUKOB
OAB, OBC, OAC pasubl. B camom gnene, mycts K — Takad TOYKa Ha CTO-
poue AB, uto miomaak Tpeyroabauka AKC paBHa OJHOU TPETU ILIONIAIN
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Puc. 3. Puc. 4.

UCXOMHOTO TPEyroMbHUKA (CymeCTBOBAHUE TAKOU TOYKM CIEAYET, HATIPUMED,
73 cOOOpaKeHUN HEeMpepHIBHOCTH). AHanoruvuo, Ha cropone BC BuiOupaert-

1
ca Touka L Tak, 910 Spc = gsABC. Coraacuo nemMme depes Touku K un L

1
OPOXOIUT eAUHCTBeHHAsA auHusa ypoBHa dyukmuu S(X) = Suxc = 55’,430,

nepecekatomaa croporbl AB u BC B Toukax K u L coorBercTrBenHo. Mc-
koMasa Touka () ABIAETCA €IUHCTBEHHOU TOYKOU IEePEeCeYueHusA JUHUN YPOBHA

o 1 o
S(X) m amanorwanon auanm yposaa S(Y) = Sayp = §SABC, IEP eCeKAIOIECH

cropousl AC' u BC' B Toukax K' u L' coorsercTBenno (cm. puc. 3).

2. O BUCEKTOPAX ILJIOIIA I

HazoBem OumcexTopoM miaomanu OpAMYIO, NPOXOIANIYIO Yepe3 BEPIINHY
TPEYrOJbHUKA U AEMANIYI0 €ro IIOMAAh ITOIOIaM.

TEOPEMA (M. TKAYEHKO, [1, TEOPEMA 10, C. 121]). Tpu 6ucexmopa
6 mpeyzoavrure (e6KAUIOBOM, CPepuueckom uau 2unepbosuUecKOM) nepe-
cexarwmeca 6 OdHOﬁ moudke.

Pacemorpum runep6onmyaeckuu Tpeyronbauk ABC B nucke Ilyamkape D
unycts K, L, M — To9KH, B KOTOPLIX OMCEKTOPHI IEPECEKAIOT CTOPOHE A,
BC u C A coorsercTenso. Mu1 coxpansem obozradenns A', B’ u C' u3 npe-
OBIAYIIETO pasfena nis TOYeK, WHBepCHBIX ToukaM A, B u C' 0THOCUTEIHHO
rpaauvdHOR OKpyX)HOCTH S qucka . Tpebyerca 10ka3aTh, ITO GUCEKTOPHI M-
peceKaTCa B OJHOU TOYKEe. B pacCMaTpUBaeMOM MOAEIU DTO DKBUBAJICHTHO
crenyiomemy yTeepxkaeruto (cm. puc. 4): ayra KC' okpyxnoctu Sk, mpoxo-
namen wepes Touku K, C, C', nyra B'M okpyxuocTE S)/, IPpOXOAAIIEH Te-
pes Touku M, B, B' u nyra A'L oxpyxrocTtu Sy, NIpoxojdmel depes3 TOYKA
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L, A, A', nepecekarorca B ofHOU TOUKe. Ecam 0603HaqnTE wepes O TOUKY
mmepeceveHna AByX OMCEKTOpPOB, TO 6e3 moTepu OOIIHOCTA MOXHO CYUTATh,
aro O — nentp aucka D (mouemy?). PaccmaTpuBaemble qyru mpeBpamaioT-
CA IpM DTOM B OOIIME XOPABI TPEX OKPYXKHOCTEH, 0 KOTOPLIX HIET Pedb B
CIeqyIoleM yTBEPXK NeHUN.

YTBEPK/AEHUE [2, 3ANAYA 116]. Janwt mpu kpyea, 6ce nepecexarouju-
eca medxncdy coboti. Toeda mpu obwue Topdvl KaNcIBIX JBYT U3 MPEL OKPYHC-
nocmeti nepecexatomes 6 0dnot mouke (puc. ).

Sk [laBanTe moOMMeEM, K KaKHM TDPEM KPYy-
raM HYXHO IPUMEHUTH 3TO YTBEPXKJIEHUE.
[las 3TOr0 HYXHO 3aMETHUTH, ITO MO JEM-
Me CYIIECTBYeT €IMHCTBEHHAA OKPYXHOCTD
Sk1 (coorBercrsenno, Spy u Syi), IPo-
xonaamasn gepes touku A', K, L, C' (coor-
BercTBenHo, Touku B', B, C, C' u A', A,
C, C"). 9T0 OKpyKHOCTB, COAEPKAIAA TE0-
METPHUIECKOE MECTO TOYeK X, TAKuX 9TO

S(X) = SAXC = %SABC- HyCTB DKL (CO—
orsercreenno, Dk, Dyr) — Kpyr, orpa-
HUYCHHBIN OKPYXHOCTBIO Sk 7. Teopema o
OMCEeKTOpaX €CTh IPAMOE CIEACTBHE HAIIETO yTBEPXKICHWA, IPUMEHEHHOIO K
kpyram Dgr, Dgar, Dy (em. puc. 5).

Puc. 5.
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